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Abstract: The Middle Eastern Respiratory Syndrome Coronavirus (MERS-CoV) has exhibited super-spreading events 
in recent years. In this work, we investigate the effects a possible super-spreading event in one of the largest annual 
mass gatherings: the Hajj season in the Kingdome Saudi Arabia (KSA). Since the KSA has the most significant 
confirmed number of MERS-CoV, we assume that super-spreaders are only from the local population. By the use of an 
extended SIR model, we considered two subpopulations: local and non-local pilgrims, were calculated the basic 
reproduction number and final size of the epidemic. Simulation of the existing data gives find the estimation of the basic 
reproduction number is less than one, although the final size of the epidemic shows proportionality to the super-
spreading effect. 
Keywords: Corona, Hajj, Super-spreader, Mathematical modeling, Mers-Corona. 
INTRODUCTION 
The Middle East respiratory syndrome corona virus, 
Mers-CoV, is a virus from corona virus family which 
started in Saudi Arabia in 2012 [9]. The virus attacks 
respiratory system causing fever, cough, and shortness 
of breath; the fatality rate is more than 35% [9, 20]. 
The largest number of cases were in Saudi Arabia, 
South Korea, and the United Arab Emirates. The 
cases of Mers-CoV in Saudi Arabia and the United 
Arab Emirates were caused to direct or indirect 
infection of the human by camels. These two countries 
import camels from aboard, particularly from the Horn 
of Africa countries and Sudan, where the camels 
showed tolerance to the virus [12]. However, the South 
Korean cases were originally caused by a super-
spread case of a health care worker in Saudi Arabia 
[4], creating a large outbreak in South Korea. More 
recently, there have been indications of a possible 
super-spreading event in one of the hospitals in Riyad 
in Saudi Arabia from a female case of Mers-CoV [22]. 
The concept of the super-spreaders has been 
documented in several diseases such as Typhoid [11], 
Tuberculosis [13, 14], Ebola hemorrhagic fever [15] as 
well as in people with HIV/HCV co-infection [16]. The 
superspreader also has ties with other Corona-type 
virus such as SARS-CoV. In fact, it was reported in [17] 
that during the Beijing SARS outbreak, the majority of 
patients did not infect others and a few patients infected 
 
 
*Address correspondence to this author at the Department of Mathematical 
Sciences, United Arab Emirates, University, Al Ain, UAE;  
Tel: +971 3 713 6305; Fax: +971 3 713 6908;  
E-mail: a-tridane@uaeu.ac.ae 
a high number of people, making these patients super-
spreaders. A similar super-spreading event happened 
in Hong Kong [19]. 
The huge burden of a super-spreading event 
requires the understanding of its impact on the public 
health especially if this event happens in a large human 
gathering such as the Hajj, where more than 2.5 million 
pilgrims from more than 20 countries [21] gather and 
massively move to perform their religious rituals. 
Therefore, our goal is to investigate the dynamics of a 
possible spreading event in the hajj. The aim is to 
measure, depending on the value of the basic 
reproduction number, the level of the prevalence of the 
virus. 
Therefore, we will investigate a mathematical model 
that considers two type pilgrims: outside pilgrims, the 
non-locals, and insider pilgrims, which represents the 
people performing Hajj and living in Saudi Arabia; we 
call them locals. We also assume that the super-
spreaders are local. We justify this assumption by the 
fact that recent findings suggest the possibility of 
having a super-spreader from the locals. Hence, we 
will consider two patches of populations: local pilgrims 
and non-local pilgrims. In the local category, there are 
six classes, S susceptible, E exposed, I infectious, P 
super-spreader, H hospitalized and R recovered. The 
only difference between local and non-local pilgrims is 
that the non-local pilgrims have no super-spreaders. 
We have assumed that E, I , P and H classes only can 
infect. 
Our work is inspired by the model of South Korea 
Mers-CoV outbreak [4] and on the general data of 
Spreading Event of the Mers-Corona Virus during the Hajj International Journal of Statistics in Medical and Biological Research, 2017, Vol. 1, No. 1    25 
Mers-CoV [2]. These models considered the 
asymptotic population but did not study the impact of 
the super-spreader. Other models [7] have used the 
super spreader class of population in the case of 
SARS, but have not investigated the impact of the 
other possible populations (such as exposed and 
hospitalized). 
MATERIAL AND METHOD 
The aim of this model is to introduce a possible 
super-spreading event in the Hajj season and assess 
the impact of this event on the total pilgrims in the Hajj 
season. The model is to have a simple assumption: 
the super-spreaders are from the local population in 
the KSA. Therefore, we will divide the populations into 
two groups: local pilgrims L and non-local pilgrims N. 
We divide the population L as follows 
L = SL + EL + IL + P + HL + RL          (1) 
with SL the susceptible local pilgrims, EL is the 
exposed local pilgrims, IL infected local pilgrims, P 
represents super-spreaders in the local pilgrims, HL 
the hospitalized local pilgrims and RL the recovered 
local pilgrims. 
The Non-local pilgrims N is divided in to  
N = SN + EN + IN + HN + RN          (2) 
We also assume that the exposed, infected and 
hospitalized populations are infected with MERS-CoV, 
and they are infectious MERS-CoV to susceptible 
individuals. Therefore, we assume the infection rate of 
the local is defined by: 
!L =
"L IL+ #L EL +$LHL( )
SL + EL + IL + P + HL + RL
         (3) 
and for the non-local  
!N =
"N IN + #N EN +$NHN( )
SN + EN + IN + HN + RN
         (4) 
with βi, ( i =  L, N) is the human-to-human 
transmission rate, among the class of pilgrims i, per 
unit time (day), !i  quantifies the relative transmissibility 
of the exposed pilgrims, and θi quantifies the relative 
transmissibility of the hospitalized patients pilgrims. 
Hence, the system of equations that represents the 
locals pilgrims is 
 
SL
i
= !"LSL ! "NSL
E
i
L = "LSL + "NSL !# LEL
I
i
L = p# LEL ! $ L1 + $ L2( ) IL
P
i
= 1! p( )# LEL ! vLP
H
i
L = $ L
1 IL + vLP ! %LHL
R
i
L = $ L
2 IL + %LHL
         (5) 
and the system of equations that represents the non-
locals pilgrims is 
 
SN
i
= !"LSN ! "NSN
E
i
N = "LSL + "NSN !#NEN
I
i
N = #NEN ! $ N1 + $ N2( ) IN
H
i
N = $ N
1 IN + %NHN
R
i
N = $ N
2 IN + %NHN
         (6) 
with αi , (i = N, L) is the rate at which a pilgrim leaves 
the exposed class and becomes a regular infected (with 
probability p) or super-spreader (with probability 1 − p). 
This probability is assumed to be p = 1 for the non-
local pilgrims since we have assumed the super-
spreading is restricted to the local pilgrims. ! 1  the rate 
at which a regularly infected pilgrim get hospitalized 
and ! 2  the rate at which a regularly infected pilgrim 
recovers without hospitalization. A super-spreader has a 
rate vL  of hospitalization. Finally, !i  stands for the rate 
of recovery of the pilgrim by hospitalization. 
RESULTS 
The basic reproduction number, denoted by R0, 
represents the expected number of secondary cases 
produced by a single infection in a completely 
susceptible population. This threshold quantifies the 
intensity of the spread of the disease in a population. 
If R0 < 1 then the virus infection die out in the 
population and if R0 > 1 then the virus infection 
persists in the population, which could lead to a 
pandemic. 
To calculate the R0 of our models of Mers-Corona 
or SARS, we use a technique similar to the one 
described by [3]. For this purpose, we write the 
following: We define the vector x as follows: 
x = EL ,EN , IL , IN ,P,HL ,HN[ ]!  
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We have 
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We take F and V as 
F = !F
!x j
and V = !V
!x j
 
where we get the linearization of the equation (7) at the 
disease free equilibrium given by 
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We need to find the V −1 , which is given by 
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The three plots in Figure 1 show the contour plot 
of the three main variables that impact super-
spreaders class: α, p and ν. The first plot show that 
probability to become a regular infected p have a 
strong effect in R0 when it’s between (0 − 0.15) while 
the hospitalization rate of super-spreader ν is between 
(0 − 0.95) which imply that 85% of the people that 
leave exposed class E to be a super-spreader to have 
an epidemic. The second plot shows that the rate of 
leaving exposed class to become an infected α should 
be between (0 − 0.2) while the hospitalization rate of 
super-spreader ν is between (0 − 0.2) which imply that 
the epidemic will happen if the length of virus in patients 
are long. The third plot shows that probability to 
become a regular infected p is not infected by the rate 
of leaving exposed class to become an infected α. 
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Figure 1: The contour plot of R0 with respect to the 
parameters of the super-spreading effects, which are α, p, 
and ν. 
THE FINAL SIZE 
We will combine the two populations of non-local 
and local population to have one final size for all the 
population 
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and here we will combine the parameters 
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So those are the equations for the total population 
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Therefore, the final size will be 
ln S
0
S!
"
#$
%
&'
= R0S0 S
0 ( S!)* +, +10 -ˆ
1
.ˆ 1 + .ˆ 2
+ .ˆ
1/ˆ
0ˆ .ˆ 1 + .ˆ 2( )
"
#
$$
%
&
''
+ P0-ˆ 1vˆ +
/ˆ
0ˆ
"
#
$
%
&
'
             (8) 
28    International Journal of Statistics in Medical and Biological Research, 2017, Vol. 1, No. 1 Alasmawi et al. 
By comparing the final size of SARS calculated in 
[1], the equation (8) shows, clearly, the final size of 
the MERS-CoV is augmented by the effect super-
spreading event. This finding also shows the impact of 
the hospitalization capacity in reducing the final size. 
PARAMETERS ESTIMATION AND DATA 
FITTING 
First, we estimate the parameters based on the 
existing models of Mers SARS Corona models [2, 4]. 
These are the only models that used data. Next, we 
will use the 2014-2016 MERS-Corona outbreak in the 
KSA data to estimate the reproduction number without 
the super-spreading effect. This estimation will help us 
to predict the effect of a possible super-spreading event 
during the Hajj season. 
The Table 1 shows the parameters used later on in 
our data fitting. 
Next, we fit our model the existing MERS-CoV in 
2014-2016 season using Least Squares and the Monte 
Carlo parameter sweep method [5, 18] 
 
 
 
 
Figure 2: The data fitting of the confirmed Mers-Cov cases, 
KSA, 2014-2016 season using the least square method. The 
plots show three cases R0 = 0.9, R0 = 1.2 and the best fit 
to the data which R0 = 0.986. 
 
Figure 3: We have estimated the best R0 with the lowest 
least square value. 
CONCLUSION AND DISCUSSION 
In this work, we aimed to study a possible super-
spreading event of MERS-CoV in the Hajj season. The 
scenario of having supers-spreaders in the Hajj season 
can not be omitted since there are previous indication of 
such an incident in Saudi Arabia. Moreover, spreading 
of MERS-CoV in south Korea, in the year 2015, is an 
indicator of emerging of disease. Hence, it is important 
to build an understanding of the dynamics of the 
disease a case of super-spreading in Hajj season. If 
this scenario even happens, it will lead to a world wide 
event. This is because the pilgrims come from 20 
different countries. The graph of prevalence shows that 
effect will be more in the non-local pilgrims. By using 
differential equations, we considered two sub-
populations of pilgrims: local and non-local. In each 
population, we have similar class S susceptible, E 
exposed, I infectious, H hospitalized, R recovered. 
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We assumed that super-spreaders P are only from the 
local. This assumption is justifiable because the data 
have shown that all the cases were mainly originated 
from Saudi Arabia. We calculated the basic 
reproduction num- ber R0 which represented the 
number of cases one case generated on average over 
the course of its infectious period. We also found the 
final size of the possible pandemic. We used recent 
studies that estimated R0 of MERS-CoV to get all of 
the parameters of our model. Our numerical 
simulations showed a prevalence graph for the local 
that looked like a bell reflecting the peak seen in the 
current disease data. For non-local, we found the 
prevalence would keep on increasing until it goes to a 
steady state. This finding is alarming because it 
means that MERS-CoV could lead to the world 
spreading the disease, particularly that there are over 20 
nationalities of pilgrims in the Hajj season. 
As an extension of our work, we could investigate the 
efficacy of some control measures, such as procedure 
mask, to reduce the spread of the disease during the 
Hajj season. 
ACKNOWLEDGEMENT 
This research project was funded by Summer 
Undergraduate Research Experience (SURE2016) at 
the United Arab Emirates University. 
REFERENCES 
[1] Arino J, Brauer F, Van Den Driessche, Watmough J, Wu J. A 
Final size relation for epidemic models. Math Biosci Eng. 
2007; 4(2): 159-175.  
https://doi.org/10.3934/mbe.2007.4.159 
[2] Chowell G, Blumberg S, Simonsen L, Miller M, Viboud C. 
Synthesizing data and models for the spread of MERS-CoV, 
2013: Key role of index cases and hospital transmission. 
Epidemics. 2014; 9: 40-51. 
https://doi.org/10.1016/j.epidem.2014.09.011 
[3] Van den Driessche P, Watmough J, Further Notes on the 
Basic Reproduction Number. In: Brauer F, Van den 
Driessche P, Wu, J editors. Mathematical Epidemiology, 
Lecture Notes in Mathematics, Springer 2008; pp. 159-178. 
https://doi.org/10.1007/978-3-540-78911-6_6 
[4] Kim Y, Lee S, Chu C, Choe S, Hong S, Shin Y. The 
Characteristics of Middle Eastern Respiratory Syndrome 
Coronavirus Transmission Dynamics in South Korea. Osong 
Public Health Res Perspect 2016; 7(1): 49-55. 
https://doi.org/10.1016/j.phrp.2016.01.001 
[5] Cowan G. Statistical data analysis. Clarendon Press Oxford 
1998. 
[6] Lloyd-Smith OJ, Schreiber JS, Kopp EP, Getz MW. 
Superspreading and the effect of individual variation on 
disease emergence. Nature 2005; 438(17). 
https://doi.org/10.1038/nature04153 
[7] Mkhatshwa T, Mummert A, Modeling Super-spreading 
Events for Infectious Diseases: Case Study SARS, IAENG 
Int J Appl Math 2011; 41(2). 
[8] Galvani PA, May MR. Dimensions of super-spreading. 
Nature 2005; 438(17). 
[9] Modjarrad K. Treatment strategies for Middle East respiratory 
syndrome coronavirus. J Virus Erad 2016; 2: 1-4 
[10] Choi BC, Pak AW, A simple approximate mathematical 
model to predict the number of severe acute respiratory 
syndrome cases and deaths. J Epidemiol Community Health. 
2003; 57(10): 831-835. 
https://doi.org/10.1136/jech.57.10.831 
[11] Brooks J. The sad and tragic life of Typhoid Mary. Can Med 
Assoc J 154(6): 915-916. 
[12] Deem LS, Févre ME, Kinnaird M, Browne SA, Muloi D, 
Godeke G et al. Serological Evidence of MERS-CoV 
Antibodies in Dromedary Camels (Camelus dromedaries) in 
Laikipia County, Kenya. PLoS ONE 2015; 10(10). 
https://doi.org/10.1371/journal.pone.0140125 
[13] Kline SE, Hedemark LL, Davies SF. Outbreak of tuberculosis 
among regular patrons of a neighbourhood bar. N. Engl. J 
Med 1995; 333(4): 222-227. 
https://doi.org/10.1056/NEJM199507273330404 
[14] Curtis BA, Ridzon R, Vogel R, McDonough S, Hargreaves J, 
Ferry J et al. Extensive transmission of Mycobacterium 
tuberculosis from a child. N. Engl. J Med 1999; 341(20): 
1491-1495. 
https://doi.org/10.1056/NEJM199911113412002 
[15] Khan AS, Tshioko FK, Heymann DL, Le Guenno B, Nabeth 
P, Kersti B et al. The Reemergence of Ebola Hemorrhagic 
Table 1: Parameters Estimation Base on the Literature 
Parameter Value Reference 
!L  0.036-0.0835 [1] 
!L  0.1-0.5 [1, 4] 
!L  1-22 [2, 4] 
! L  0.15 [4] 
p  1-1 Assumed 
! L
1  0.6403 [4] 
! L
2  0.2 [4] 
vL  0-0.5 [2] 
!L  9 x 10-5 [2] 
!N  0.036-0.0835 [4] 
!N  8.8 x 10-6 [2] 
!N  1-22 [4] 
!N  0.15 [4] 
! N
1  0.6403 [4] 
! N
2  0.2 [4] 
!N  9 x 10-5 [2] 
 
30    International Journal of Statistics in Medical and Biological Research, 2017, Vol. 1, No. 1 Alasmawi et al. 
Fever, Democratic Republic of the Congo, 1995. J Infect Dis 
1999; 179(Supplement_1): S76-S86. 
[16] Witteck A, Yerly S, Vernazza P. Unusually high HIV 
infectiousness in an HIV- HCV- and HSV-2-coinfected 
heterosexual man. Swiss Med Wkly 2009; 139(13-14): 207-
209 
[17] Shen Z, Ning F, Zhou W, He X, Lin C, Chin PD et al. 
Superspreading SARS events, Beijing, 2003. Emerg Infect 
Dis 2004; 10(2): 256-260. 
https://doi.org/10.3201/eid1002.030732 
[18] Polymatheia. Sherry Tower. Fitting the parameters of an SIR 
model to influenza data using Least Squares and the Monte 
Carlo parameter sweep method [January 29, 2013]. 
Available from: http:// sherrytowers.com/ 
[19] Lipsitch M, Cohen T, Cooper B, Robins JM, Ma S, James L 
et al. Transmission dynamics and control of severe acute 
respiratory syndrome 2003; 300(5627): 1966-1970 
[20] Centers for Disease Control and Prevention. A Novel 
Coronavirus Called MERS- CoV [Updated August 22,2016]. 
Available from: https://www.cdc.gov/coronavirus/ 
[21] Hajj statistics in 2015, GeneralAuthority f or Statistics (In 
Arabic) https://www.stats.gov.sa/sites/default/files/ar-
Hajj_1436.pdf 
[22] The announcement of the registration of Corona inside the 
King Khalid University Hospital in Riyadh [homepage on the 
Internet](in Arabic) [June 16, 2016]: Available from: 
https://sabq.org/4QWcjB 
 
Received on 03-10-2017 Accepted on 12-10-2017  Published on 30-10-2017 
 
 
© 2017 Alasmawi et al.; Licensee Cosmos Scholars Publishing House. 
This is an open access article licensed under the terms of the Creative Commons Attribution Non-Commercial License 
(http://creativecommons.org/licenses/by-nc/3.0/), which permits unrestricted, non-commercial use, distribution and reproduction in any medium, 
provided the work is properly cited. 
 
